ABSTRACT
INTRODUCTION
By a graph = ( , ), we mean a finite, undirected connected graph without loops or multiple edges. The order and size of are denoted by and respectively. For basic graph theoretic terminology, we refer to Harary 10 . The distance ( , ) between two vertices and in a connected graph is the length of a shortest path in . An path of length ( , ) is called an geodesic. A vertex is said to lie on a − geodesic if is a vertex of including the vertices and . The closed interval [ , ] consists of , and all vertices lying on some − geodesic of . For a non-empty set ⊆ ( ), the set [ ] = ⋃ [ , ] , ∈ is the closure of . A set ⊆ ( ) is called a geodetic set if [ ] = ( ).Thus every vertex of is contained in a geodesic joining some pair of vertices in S. The minimum cardinality of a geodetic set of is called the geodetic number of and is denoted by ( ). A geodetic set of minimum cardinality is called -set of . ( ) = { ∈ ( ): ∈ ( )} is called the neighborhood of the vertex in . A vertex is a extreme vertex of a graph if < ( ) > is complete. A set of vertices in a graph is a dominating set if each vertex of is dominated by some vertex of . The domination number ( ) of is the minimum cardinality of a dominating set of . For references on domination parameters in graphs see 3, 4 . If = { , } is an edge of a graph with ( ) = 1 and ( ) > 1, then we call a pendent edge, a leaf and a support vertex. Let ( ) be the set of all leaves of a graph . For any connected graph , a vertex ∈ ( ) is called a cut vertex of if − is no longer connected. A maximum connected induced subgraph without a cut vertex is called a block of . A graph is a block graph is every block in is complete. A set of vertices in is called a geodetic dominating set if is both a geodetic set and a dominating set. The minimum cardinality of a geodetic dominating set of is its geodetic domination number and is denoted by ( ). A geodetic dominating set of size ( ) is said to be a -set. The geodetic domination number of a graph was introduced in 9 . . Let ∈ . Then belongs to every minimum open geodetic dominating set of . Let ⊆ be any minimum forcing subset for any minimum open geodetic dominating set of . We claim that . If , then = -{ } is a proper subset of such that is the unique minimum open geodetic dominating set containing so that ′ is a forcing subset for with | ′| < | |, which is a contradiction to , a minimum forcing subset for . Thus and so , where is the relative complement of in . Hence ∈ ⋂ ∈ o that ⊆ ⋂ ∈ . Conversely, let ∈ ⋂ ∈ . Then belongs to the relative complement of in for every and every such that ⊆ , where is a minimum forcing subset for . Since is the relative complement of in , we have Case (ii) Let 2 = < . Let and be the bipartite sets of . Let = { 1 , 2 } and = { 1 , 2 , … , }. Now = { 1 , 2 , , } where , ∈ is -set of . Since | |> 2, -set is not unique so that (G) ≥ 1. It is easily verified that no singleton subset of S is a forcing subset of G and so (G) ≥ 2. Now 1 = { 1 , 2 , 1 , 2 } is a -set of . Since S1 is the − set containing { 1 , 2 }, { 1 , 2 } is a forcing subset of S1 and so (S 1 ) = 2. Hence it follows that (G) = 2. Proof. We prove the theorem by considering three cases. 
